Let K be a nonempty, closed, convex, weakly compact subset of the Banach space B. It was proved in [1] that if K has normal structure and if ^~ is a finite family of commutative nonexpansive mappings on K then there is a point x e K such that f(x) = x for each fe^~.
Although we do not know whether this theorem is true in general for infinite families, it is easily seen, as was pointed out in [2] , that if the norm of B is strictly convex then the theorem is true if J^Γ is infinite. In [2] the existence of a common fixed-point was established for arbitrary families without the assumption of strict convexity of the norm by the introduction of a strengthening of normal structure called complete normal structure. It was shown in [2] that if B is uniformly convex, or if K is compact, then K has complete normal structure.
We are mainly interested here in providing examples of classes of sets which satisfy the hypotheses of the fixed point theorems of [1] (Theorem 3) and [2] (Theorem 2.1). Our purpose in §2 is to exhibit such a class of sets K which are not compact and which do not have strictly convex norm. Fixed-point theorems for families of nonexpansive mappings established by De Marr [6] (for K compact) and by F. Browder [4] (for B uniformly convex) do not apply in this class of sets.
In [5] , M. M. Day gave an example of a class of reflexive, strictly convex Banach spaces, none of which is isomorphic to any uniformly convex Banach space. We show in § 3 that these spaces do possess normal structure; thus they provide examples of spaces not isomorphic to any uniformly convex space which satisfy the hypothesis of the 434 L. P. BELLUCE, W. A. KIRK AND E. F. STEINER fixed-point theorem of Kirk in [7] . 2» Normal structure and complete normal structure* We say that a Banach space has normal structure if each of its bounded convex subsets has normal structure. In this section we first show that the direct sum (with the supremum norm) of two Banach spaces, each with normal structure, itself has normal structure. Proof. Let if be a bounded convex subset of B which contains more than one point and let Pi be the natural projection of B onto HO. Letting δ(-) denote the diameter of a set and using the fact that a?! is a nondiametral point of K γ we see that \\m ι -z ί \\ 1 ^ δiKJ -ε x for some ε x > 0 which does not depend on z l9 Similarly we have that || m 2 -z 2 1| 2 ^ S(K 2 ) -ε 2 , ε 2 > 0 and independent of z 2 . Hence
Thus m is a nondiametral point for K and the theorem is proved. In general, ^{H, K) may be empty, but if it is not, then it consists of precisely those points of K which serve as centers of balls of minimal radius, r(H, K), which contain H. We remark that if K is weakly compact and convex, and if H is bounded, then ^(H, K) is a nonempty closed convex subset of K (see [2] Our reason for being interested in property (*) q is the following. In property (*) of complete normal structure, it is not required that ^(Wa, K) Π W a Φ 0. However, the condition (*) is applied in the proof of Theorem 2.1 of [2] as follows: Each set W a is a fixedpoint set of some nonexpansive mapping / of K into itself (the sets of [2] are labelled differently). It follows that /(ίf( W a , K)) c £f(W a , K) and, if K also has normal structure, by the theorem of [7] , / has a fixed-point in <lf{W a ,K and set α = ^φά 2 e£". It follows that W a £ 5^(#, r) since for w = ^φ^2e W a , \\x-w\\ = sup{|| ^ -wJI, ||^ -w 2 ||} ^ r .
But this in turn implies r(W a , K) = r < r which is a contradiction. Therefore for each aeA there is an i, 1 ^ i ^ 2 such that = r = Now let <Wl = {W a e<W\ r(p<(TΓ β ), p^JBΓ)) = r}, i = Consequently we can now manufacture examples of convex sets in spaces without strictly convex norm to which the fixed-point theorems of [1] , [2] , [7] apply, but in which others do not. For example, let M 2 {1) denote the two-dimensional Minkowski p-space for p = 1. Points of M 2 {1) are pairs (x u x 2 ) of real numbers with This space is not strictly convex, but it is reflexive. Let K t denote the unit ball in M 2 (1) and K 2 the unit ball in the Hubert space l 2 . It has already been proved [2] that bounded closed convex subsets of uniformly convex spaces and compact convex subsets of arbitrary Banach spaces have complete normal structure. Since complete normal structure implies normal structure, K γ and K 2 also have normal structure. Thus by Theorems 2.1 and 2.2, K = K x φ K 2 is a closed convex noncompact subset of B -M 2 {1) φ l 2 which has normal structure and in which every closed convex subset satisfies (*) g , but in which the norm is not strictly convex.
Finally, we remark that it follows immediately by induction that Theorems 2.1 and 2.2 hold for finite direct sums. 3* Normal structure and uniform convexity• As we mentioned in the preceding section, it follows from a result of [2] (Theorem 4.1) that every uniformly convex Banach space has normal structure. In this section we show that even if a Banach space is reflexive and has strictly convex norm, it may possess normal structure but not be isomorphic to any uniformly convex Banach space. and on their respective norm functions which have no bearing on the following argument; see Day [5, Th. 2] .)
Suppose K is a bounded convex subset of B which consists entirely of diametral points. We show that this assumption leads to a contradiction if δ(K) > 0.
Let {x n } be a diametral sequence [3] and thus it has a convergent subsequence {x[^} which has limit, say y a) . By induction one may select a subsequence {x kn } of {x ik - 1) 
ίl->oo
Using the way the sequence y = (y a \ y {2) , •) is defined, one may obtain a subsequence {y n } of {x n } which has property: (1) lim itf> = !/<*>, (i = l,2, ...).
Furthermore, since J3 is reflexive this subsequence may be chosen so that it converges weakly, say to z. Because of (1) Thus each point of K is a diametral point of K.
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